The purpose of this article is to introduce the notion of (C 1 ,C 2 )-Hölder Krull valuation on right ring of fractions ( with respect to right denominator set S in a ring R). It is proved that if R is a ring satisfying in Hölder rigidity condition, and S a right permutable set of regular elements in R, then the right ring of fractions R ′ = Q r ϕ (R) with respect to S satisfies in Hölder rigidity condition. This results provide an extension of the Garsia theorem (see [2] ) for right ring of fractions.
introduction and preliminaries
The theory of valuations may be viewed as a branch of topological algebra. The devolopment of valuation theory has spanned over more than a hundred years. First the notion of valuations on fields was introduced. Details of valuations on fields can be found in many monographs, e. g. Endler (see [1] ), Ribenboim (see [7] ), and Schilling (see [8] ). Then Manis introduced the notion of valuations in the category of commutative rings and it can be found in Manis (see [6] ), Huckaba (see [3] ), and Knebusch and Zhang (see [4] ). A group Γ is called an ordered multiplicative group if it has a total ordering ≤ which is compatible with the group structure, i. e. α ≤ β ( α, β ∈ Γ ), implies γα ≤ γβ , αγ ≤ β γ, for all γ ∈ Γ and β −1 ≤ α −1 . Let Γ be an ordered multiplicative group. A Krull valuation | | on ring R with values in Γ is a mapping
with the properties 0.0 = 0, 0.α = α.0 = 0, α ∈ Γ and 0 < α for all α ∈ Γ . Let Γ be an ordered multiplicative group and C 1 ≥ 1, C 2 ≥ 1. A (C 1 ,C 2 )-Hölder Krull valuation on ring R with values in Γ is a mapping . : R → Γ ∪ {0} satisfying the conditions.
Remark. Note that (1, 1)-Hölder Krull valuation on ring R is a classical Krull valuation on a ring R.
In this paper R is a noncommutative ring with unit element.A ring R ′ is said to be a right ring of fraction if there is a given ring homomorphism ϕ : R → R ′ such that. (c) Kerϕ = {r ∈ R|rs = 0 for some s ∈ S}.
The multiplicative set S ⊂ R is right permutable if for any a ∈ R and s ∈ S, aS ∩ sR = / 0, also set S ⊂ R is right reversible, for a ∈ R, if s ′ a = 0 for some s ′ ∈ S, then as = 0 for some s ∈ S.
If the multiplicative set S ⊂ R is both right permutable and right reversible, we shall say that S is a right denominator set.
The ring R has a right ring of fractions with respect to multiplicative set S iff S is a right denominator set (see [5] ).Let S be the multiplicative set of all regular elements. We say that R is a right ore ring iff S is right permutable, iff RS −1 exists. In this case, we speak of RS −1 as the classical right ring of quotients of R, and denote it by Q r cl (R). Let R be a domain and S = R − {0}. In this case, the right permutable condition on S may be re-expressed in the equivalent form: aR ∩ bR = 0 for a, b ∈ R − {0}. This is called the (right) ore condition on R. Thus, the domain R is right(resp. left) ore iff R satisfies the right (resp. left) ore condition. 
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Hence |x + y| ϕ ≤ Max{|x| ϕ , |y| ϕ }. From bR ∩ cS = / 0, we get elements r ∈ R, s ∈ S such that br = cs ∈ S, this implies that c −1 br = s. Therefore, ds = dc −1 br, b −1 c = rs −1 . Thus,
Therefore,
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(iii) For each x, y ∈ R ′ , we have xy = (ϕ(a)/ϕ(b))(ϕ(c)/ϕ(d)), for some a, c ∈ R and b, d ∈ S. From bR ∩ cS = / 0, there exist r ∈ R and s ∈ S such that br = cs ∈ S implies c −1 br = s. Therefore, ds = dc −1 br and b −1 c = rs −1 . Thus,
Thus,
Also, we have
Definition 2. Let R be a ring. We say that R satisfies in Hölder rigidity condition if for every
(C 1 ,C 2 )-Hölder Krull valuation | . | on R, there exists a classical Krull valuation . on R such that . is (C 0 , α)-Hölder equivalent (where C 0 ≥ 1, α > 0) to | . |.
Theorem 1. Let R be a ring satisfying in Hölder rigidity condition, and S a right permutable set of regular elements in R.
Then the right ring of fractions R ′ = Q r ϕ (R) with respect to S satisfies in Hölder rigidity condition. (ii) For each a, b ∈ R, we have
(iii) For each a, b ∈ R, we have
Therefore, . is (C 1 ,C 2 )-Hölder Krull valuation on R. Since R satisfies in Hölder rigidity condition, hence there exists a classical Krull valuation |.| on R such that (C 0 , α)-Hölder equivalent (where C 0 ≥ 1, α > 0) to (C 1 ,C 2 )-Hölder Krull valuation . on ring R. Now by Lemma 2, the mapping
( for a ∈ R, b ∈ S ) is a Krull valuation on ring R ′ = Q r ϕ (R). On the other hand, for each a ∈ R, we have Therefore,
Hence |.| ϕ : R ′ → Γ ∪ {0} is (C 1 C 2 0 , α)-Hölder equivalent to (C 1 ,C 2 )-Hölder Krull valuation . ϕ on ring R ′ . Therefore, R ′ satisfies in Hölder rigidity condition.
